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Abstract

In  this paper , we extended the concept given in [1] which they used asemi group ideal to get the result has been given in [2] . We introduce a newbody which is call it a right closed multiplicative set with zero . This structuregive use similar results , and any semi group ideal satisfy the conditions ofright closed multiplicative set . We  prove   that  for  any prime  near-ringand a multiplicative set , if , is abelian , then is abelian  .  These resultsdepends   on   many papers for  example [3] , [4] , [5] , [6] , [7] , [8] .
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1.Introduction :-In this section we introduce a necessary conditions anddefinitions to get our results .1)[1]:-An additive mapping is said to bederivation    on if for all .Notation(1.2)[1]:-In this paper will be denoted a left near-ringwith multiplicative center , the symbol will denote thecommutator , the symbol will denote the additivecommutator , will denote thecommutator and a near-ring is called azero symmetric if , for all .3)[1]:- An additive mapping is called aderivation if there  exists "as automorphisms"such that for all .4)[1]:- The derivation will be calledcommuting   if for all .Definition(1.5)[1]:-A near-ring is said to be prime ifimplies  that or . Further an element for whichis called a constant.) :- A subset of a near-ring is called a rightclosed multiplication set contain zero , if . We will use rightclosed multiplication set contain zero (RCM) for this set .
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2.Main result :-In this section , we give some results which depend on sectionone .Lemma(2.1) :- An additive endomorphism D on a near-ringis derivation if and only iffor   all .
Proof :- Let D be a derivation on a near-ring .Since we obtain ,

....(2.1)for all ,  on    the     other      hand  ,  we      have  ;
….(2.2) for all ,   combining     (2.1)      and      (2.2)   ,    wefind for   all. Thus    ,    we      haveConversely  , let …………(2.3)for all ,   then ;
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…(2.4)      for      all.  Also  ;

…..(2.5)  for  allcombining  (2.4)  and  (2.5) , we obtain   . . Thusfor all . ∎Lemma(2.2) :- Let be  a  prime  near-ring  and be  a  non zeroRCM . If ( ,+) is a abelian then ( ,+) is abelian .Proof :-Let and , then . So. Then we get for alland . This means thatbecause is a nonzero RCM set .  Since is   a  prime  near-ring we havefor all . Thus ( ,+) is abelian .Lemma(2.3) :- Let be a prime near-ring and be aRCM set of .(i)- If is a non  zero  element  in ,  then is  not zerodivisor.(ii)- If there exist a non zero element of such that, then is   abelian .
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Proof :- (i) – If ,   and for   some .Left multiplying  this equation by , where , we get .Since is multiplicative with center , we get , for all, . Hence , .  Since is  a  prime  near-ring  andis a non zero element , we get . ∎(ii) - Let , such that ,and let , then .Hence since ,we get . Thus , then be (i)we get hence is  abelian .Lemma (2.4) :- Let be  a  non   zero derivation   on  aprime near-ring and be a non zero RCM set  of . such thatand , let then :(i)- If then . (ii)- If then.Proof :- (i)- For ,   we        have ,so , to get, the second summand inthis equation equal zero by the hypothesis , so get, for . , we get ,since is a RCM set  of , we get . Since is aprime near-ring , is a non zero RCM set of , is a non zeroderivation of , we get , for all . Since, thus get ∎
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(ii)- For all , we get .Thus , the second summand in thisequation equal zero by the hypothesis and is   a RCM set of, we get , for all . But , then, this means that . By the same way in (i)we get . ∎
Lemma(2.5) :- Let be derivation on a near-ring andbe a RCM set  of such that and . Suppose isa not a left zero divisor . If , then is a constantfor every .Proof :- From , apply for both sided tohave . Expanding this equation , tohave and

, forall . since which     reducesto , for   all .By using the hypothesis , this equation isexpressible as. so, . From is not a left zero divisor , weget .Thus , is a constant for every .∎
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Proposition(2.6) :- Let be  a  near-ring   and is   a RCM set ofhave no non zero divisors of zero . If admits a nonzero derivation on which is commuting on ,then isabelian.Proof :- Let be any additive commutator in . Then , by lemma(2.5) , yields that is a constant . Now  for any , is also anadditive commutator in . Hence , also a constant . Thus ,. Second summand in thisequation equal zero, we get , for all and anadditive commutator in . By lemma (2.4) (i) , we get forall additive  commutator in .Hence , is abelian . By lemma(2.2) , we get is abelian . ∎Lemma (2.7) :-Let be a prime near-ring , be a non zero RCM setof and be a non zero derivation on ,. If , for all , then is abelian .Proof :-Suppose that , for all . Taking insteadof and instead of , where we get, forall . By the hypothesis have , forall . Hence , . Using lemma (2.4) (i) , toget , for all . Thus , is abelian . ∎lemma (2.8) :- Let be a prime near-ring and be a non zeroRCM set of . If is  a  commutative  then is  a commutativenear-ring .Proof :- For all , we get , since ,so . Taking instead of andinstead of , where , to get, for alland . Thus , . Since
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, we get , for all . Since is a primenear-ring and is a non zero , we get , for all. Hence , is a commutative near-ring . ∎Lemma(2.9) :- Let be a prime near-ring admits , a nonzero derivation and be a RCM set of . Ifthen is abelian .Proof :- Since and is a non zero derivation .There exists a non zero element in , such  thatsoHence is abelian by lemma((2.3) (ii)) .

Corollary (2.10) :- Let be  a  prime   near-ring   admits   a   nonzero derivation  and be  a RCM set  of . Ifthen is abelian .Proof :-Using lemma (2.9) , to have abelian , then usinglemma (2.2) , we get is abelian .∎Proposition (2.11) :- Let be a prime near-ring admitting a nonzero derivation such that , be  a RCMset  of such that and is homomoriphism on . If, then is abelian  .Proof :- By the hypothesis , for all wehave . Hence ,. By applicationthe hypothesis in this equation , we get ,
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then ,    for    all . Since ishomomorphism on , we get . Byusing , obtain , for all .Using lemma ((2.4)(i)) . Obtain , for all .Then using lemma (2.7) , we get is abelian . So using lemma(2.2) , to get is abelian .

References :-
1. A. H. Majeed , Hiba, A. A, 2009 , Semi group Ideal in Prime Near-Ring withDerivations , Baghdad University, 368-372 .
2. Mohammad. A , Asma. Aand Shakir. A , 2004 , Derivations on prime near –ring ,Tomus , 40 , 281-286.



10

3. Bell, H. E. 1997, Onderivations in near-ring II , Kluwer Academic PublishersNetherlands , 191-197.
4. Bell, H. E. and Daif , M.N. , 1995 ,On derivation and commutatively in prime rings , Acta.Math. Hungar . 66 , No . 4 , 337-343.
5. Posner, E.C.1957,Derivations  in Prime ring . Proc. Amer .  Math. Soc. 8 , 1093-1100.
6. Pliz . G , 1983 ,  Near-ring Ed , North-Holland ,  Amsterdam .
7. Argac , N. 2004 , Onnear-ring with two sided -derivation , Turk. J. Math. , 28, 195-204.
8. Wang , X . K. , 1994 ,Derivations in prime near-ring . Proceedings of AmericanMathematical Society, 121 , no. 2 , 361-366.


